In this paper, we propose a measurement method with a simple procedure based on the definition of the impedance parameter using a two-port network analyzer. The main advantage of the proposed measurement method is that there is no limit on the number of measuring coils, and the method has a simple measurement procedure. To verify the proposed method, we measured the coupling coefficient among three coils with respect to the distance between the two farthest coils at 6.78 and 13.56 MHz, which are frequencies most common for a wireless power transfer (WPT) system in high-frequency band. As a result, the proposed method showed good agreement with results of the conventional S-parameter measurement methods.
Introduction
The conventional wireless power transfer (WPT) system with two coils has obvious limits; the system is very sensitive to the transmission distance and alignment between the coils [1, 2] . To resolve these problems, adaptive or tunable matching networks have been adopted [3, 4] , and a transmitting module not with a single coil, but with multiple coils has been also introduced into the WPT system [5, 6] . Especially, the magnetic beamforming, which focuses magnetic fields from the multiple transmitting coils to the receiving coil, has recently attracted lots of attention. For an ideal multi-coil WPT system, the coupling coefficients among transmitting coils should be zero, but in reality, they are not. The non-zero coupling coefficient among transmitting coils is one of the major causes of deterioration of the power transfer efficiency (PTE) in the magnetic beamforming. To minimize the effect of non-zero coupling coefficients, the phase and magnitude of signals input to transmitting coils should be adjusted to the optimum values that are estimated from the measured coupling coefficients among coils. The adjustment makes the all current of transmitting coils in phase, and results in a maximum receiver current and maximum PTE [5, 6] . Therefore, the accurate and simple procedures for measurement of the coupling coefficient among multiple coils is essential for implementing the magnetic beamforming of a multi-coil WPT system. For a WPT system with an operating frequency of a low-frequency (LF) band such as 110 to 205 kHz, the coupling coefficient (or mutual inductance) is usually measured by an LCR meter [7] or an impedance analyzer [8] . On the other hand, in a high-frequency (HF) band such as 6.78 or 13.56 MHz, most coils have a frequency-dependent characteristic due to the effect of ac resistance and parasitic elements. Therefore, a vector network analyzer is commonly used to measure the coupling coefficient in HF bands [9] . In the case of multi-coil WPT systems, the measurement issue arises primarily from the common vector network analyzer (VNA) having only two ports. Although a multiport VNA can measure the coupling coefficient among a greater number of coils, it is still only available for coils with equal or less than the number of ports.
In this paper, we simulate the effect of inaccurately measured coupling coefficients on the PTE of a multi-coil WPT system, and propose a method to readily measure the coupling coefficients among multiple coils using a two-port VNA based on the definition of the impedance matrix. In addition, this measurement method can overcome the limitation of the performance of a multi-port VNA for more coils than the number of ports. We verify the validity of the proposed method from the results that the proposed method has the same performance as conventional measurement methods according to distance.
Effect of Inaccurate Coupling Coefficient on PTE of a Multi-Coil WPT System
In this section, we simulate the PTE of a multi-coil WPT system with magnetic beamforming by applying inaccurate coupling coefficient information to examine the importance of an accurate coupling coefficient measurement.
Consider the multiple-input single-output (MISO) WPT system configured as four transmitting coils and a single receiving coil, where all transmitting coils are modeled as an inductance of 1.1 µH and a parasitic resistance of 0.4 ohm. Additionally, we assume that all coupling coefficients among transmitting coils are fixed to 0.05, and coupling coefficients between transmitting and receiving coils are also fixed to 0.05. The assumption that all coupling coefficients among transmitting coils are the same for all transmitting coils is difficult to realize in practice, but this assumption is effective in simulating the PTE of a multi-coil WPT system, because the input signals of all transmitting resonators have the same value when the magnetic beamforming algorithm is applied. Figure 1 shows the schematic diagram of the MISO WPT system for circuit simulation using the Keysight's ADS (Advanced Design System).
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where M is the mutual inductance matrix between the transmitting and receiving coils; R R is the total resistance of the receiving resonator;
T is the transmit current and is proportional to M; and Z T is the inter-coupling matrix among transmitting coils and is constructed as the coupling coefficients (or mutual inductances) among transmitting coils. That is, the amplitude and phase of the transmit voltage is dominantly determined by coupling coefficient information. Therefore, the more accurate the coupling coefficient is, the more accurately the transmit voltage for the magnetic beamforming is obtained.
By applying the coupling coefficient with error term to the magnetic beamforming, we simulated the PTE degradation of the MISO WPT system at 13.56 MHz. The simulated results are shown in Figure 2 . When the exact coupling coefficient of 0.05 is used for the beamforming, the PTE achieves about 77%. As the error rate of the coupling coefficient increases, the PTE decreases. Coupling coefficient error rates of 10% and 20% result in PTE degradations of 7% and 15%, respectively, compared with no error. Since the coupling coefficient among coils usually has a low level with 10 −2 order, error rate of 10% means 10 −3 order that is quite challenging to measure. Additionally, the larger the number of coils used in the HF band, the more difficult and cumbersome it is to measure the coupling coefficients. Therefore, a highly accurate measurement method of coupling coefficients with simple procedures is very important to achieve the ideal PTE of a multi-coil WPT system.
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Conventional and Proposed Methods
This section presents conventional and proposed measurement methods of coupling coefficients among multiple coils. For the measurement of coupling coefficients, we use some assumptions. First, the measured coupling coefficient is not by electrical coupling but by magnetic coupling. In the case of the radio-frequency identification (RFID) with a few millimeters distance between coils, electrical coupling should be considered [10] . However, a WPT system in HF band with the transmission distance of several tens of centimeters usually considers only magnetic coupling. Second, the measured mutual inductance is not the ideal inductance, but the mutual inductance affected by the frequency and surrounding objects by parasitic elements. This is because the values used for the magnetic beamforming of the multi-coil WPT system are the mutual inductance affected by parasitic elements. 
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Conventional Measurement Methods
In HF bands, the conventional methods to measure coupling coefficients among three or more coils can be categorized into two types, namely, those that use multi-port and those that use two-port VNAs. The former method simply measures the n × n [S] matrix for n coils that are directly connected to ports of a multi-port VNA without an additional resonant capacitor. Then, the measured [S] matrix is converted into the [Z] matrix on an external PC. Consequently, the coupling coefficient between the ith and jth coils is obtained by:
where M ij is the mutual inductance between the ith and jth coils, and L i and L j are the self-inductances of the coils, respectively. Here, Z ij is the ij entry of the [Z] matrix, and it is often referred to as the transfer impedance for i × j. The other conventional method repeatedly measures 2 × 2 [S] matrices for all possible sets of two coils, where the other coils must be terminated with a 50 ohm load from the definition of the S parameter, and then synthesize the n × n [S] matrix for the total n coils. This method is theoretically equivalent to the former method [11, 12] .
Proposed Measurement Method
From Equation (2), it is confirmed that the coupling coefficient is calculated using only elements of the [Z] matrix without the need for the [S] matrix. Furthermore, the calculation of k ij requires only impedance parameters related to the ith and jth coils. The Z parameters, often called open-circuit impedance parameters, are measured or calculated by applying current to one port and measuring the resulting voltages at all other ports opened. That is, to obtain the impedance parameters related the ith and jth coils, the others port must be open-circuited. In addition, the required Z parameters can be obtained by converting the measured 2 × 2 [S] matrix into the 2 × 2 [Z] matrix.
Consider a transmitter array configured as four coils, as shown in Figure 3 . To measure the coupling coefficient (k 14 ) between coils 1 and 4, both the coils 1 and 4 are connected to a two-port network without any resonant capacitor, and all other coils are open-terminated. Because most VNAs provide a function to mathematically manipulate measured data, such as Keysight's equation editor, we can immediately check the coupling coefficient between coils 1 and 4 on the display of the two-port VNA by converting a 2 × 2 [S] matrix to a 2 × 2 [Z] matrix and applying Equation (2). In HF bands, the conventional methods to measure coupling coefficients among three or more coils can be categorized into two types, namely, those that use multi-port and those that use two-port VNAs. The former method simply measures the n × n [S] matrix for n coils that are directly connected to ports of a multi-port VNA without an additional resonant capacitor. Then, the measured [S] matrix is converted into the [Z] matrix on an external PC. Consequently, the coupling coefficient between the ith and jth coils is obtained by:
where Mij is the mutual inductance between the ith and jth coils, and Li and Lj are the self-inductances of the coils, respectively. Here, Zij is the ij entry of the [Z] matrix, and it is often referred to as the transfer impedance for i × j. The other conventional method repeatedly measures 2 × 2 [S] matrices for all possible sets of two coils, where the other coils must be terminated with a 50 ohm load from the definition of the S parameter, and then synthesize the n × n [S] matrix for the total n coils. This method is theoretically equivalent to the former method [11, 12] .
From Equation (2), it is confirmed that the coupling coefficient is calculated using only elements of the [Z] matrix without the need for the [S] matrix. Furthermore, the calculation of kij requires only impedance parameters related to the ith and jth coils. The Z parameters, often called open-circuit impedance parameters, are measured or calculated by applying current to one port and measuring the resulting voltages at all other ports opened. That is, to obtain the impedance parameters related the ith and jth coils, the others port must be open-circuited. In addition, the required Z parameters can be obtained by converting the measured 2 × 2 [S] matrix into the 2 × 2 [Z] matrix.
Consider a transmitter array configured as four coils, as shown in Figure 3 . To measure the coupling coefficient (k14) between coils 1 and 4, both the coils 1 and 4 are connected to a two-port network without any resonant capacitor, and all other coils are open-terminated. Because most VNAs provide a function to mathematically manipulate measured data, such as Keysight's equation editor, we can immediately check the coupling coefficient between coils 1 and 4 on the display of the twoport VNA by converting a 2 × 2 [S] matrix to a 2 × 2 [Z] matrix and applying Equation (2). Figure 4 shows the measurement procedures of the proposed method and two conventional methods for coupling coefficients among multiple coils. Method I using a multi-port VNA is very convenient because all relationships among coils are measured at once. However, if the number of coils is larger than the number of ports of the network analyzer, this method cannot be applied. Additionally, the measured high-order [S] matrix is not instantaneously converted to the corresponding [Z] matrix on the common VNA, so the [S] matrix should be saved in an SnP Figure 4 shows the measurement procedures of the proposed method and two conventional methods for coupling coefficients among multiple coils. Method I using a multi-port VNA is very convenient because all relationships among coils are measured at once. However, if the number of coils is larger than the number of ports of the network analyzer, this method cannot be applied. Additionally, the measured high-order [S] matrix is not instantaneously converted to the corresponding [Z] matrix on the common VNA, so the [S] matrix should be saved in an SnP (touchstone) file format and converted on an external PC. Method II using a two-port VNA requires repetitive two-port measurements n C 2 times for all possible sets of two coils and all unconnected coils terminated with a 50 ohm load. In addition, the total n × n [S] matrix should be synthesized using 2 × 2 [S] matrices. On the other hand, in the proposed method, only two coils are connected with a two-port VNA, and the coupling coefficient obtained from Equation (2) can be immediately checked on the display of the VNA according to the distance between coils. Additionally, this method is not limited to the number of coils. Therefore, the proposed method has very simple procedures.
Simplicity of the Proposed Method
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Experimental Setup and Results
This section presents experimental setup and results to validate the proposed method.
Experimental Setup for Measurement
To simplify the problem, consider that there are three coils mutually coupled with each other. Figure 5 shows the experiment setup to verify the performance of the proposed method. Three coils were aligned co-axially. The coupling coefficients between the first and third coils were measured by changing the distance between the two coils in the HF band, in which the second coil was always located in the middle of the two coils. The parameters of the coils are summarized in Table 1 . The coil with the inductance of 1.1 μH was designed to have an high quality factor of about 250 at 6.78 MHz, and it has three turns and a single layer printed on the FR-4 substrate, of which the dimension is 95.7 mm × 105.7 mm. The coil of 3.8 μH was fabricated to verify the proposed method for coils with high inductance, and it has six turns and two layers printed on the FR-4 substrate of the same dimension as the coil of 1.1 μH. 
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Experimental Setup for Measurement
To simplify the problem, consider that there are three coils mutually coupled with each other. Figure 5 shows the experiment setup to verify the performance of the proposed method. Three coils were aligned co-axially. The coupling coefficients between the first and third coils were measured by changing the distance between the two coils in the HF band, in which the second coil was always located in the middle of the two coils. The parameters of the coils are summarized in Table 1 . The coil with the inductance of 1.1 µH was designed to have an high quality factor of about 250 at 6.78 MHz, and it has three turns and a single layer printed on the FR-4 substrate, of which the dimension is 95.7 mm × 105.7 mm. The coil of 3.8 µH was fabricated to verify the proposed method for coils with high inductance, and it has six turns and two layers printed on the FR-4 substrate of the same dimension as the coil of 1.1 µH. Figure 6 shows the results measured by Method I using Keysight's four-port VNA, E5071C, for Cases #1, #2, and only two coils without a middle coil. Ideally, the coupling coefficient between two coils must maintain a constant value regardless of the frequency and existence of other coils. However, as the distance between the farthest coils decreases, the measured coupling coefficients deviate from that of the two coils without a middle coil. The deviation increases further as the frequency increases and the inductance of the middle coil increases. 
Changing Coupling Coefficient between Coils
Comparison Results and Discussion
The coupling coefficients measured by the conventional and proposed methods with respect to the distance between the farthest coils are shown in Figure 7 . We can notice that the proposed method produces almost the same results as the conventional methods. For a more accurate comparison, we calculated the mean and standard deviation of difference between the results of Method I and the 
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Case #1 Figure 6 shows the results measured by Method I using Keysight's four-port VNA, E5071C, for Cases #1, #2, and only two coils without a middle coil. Ideally, the coupling coefficient between two coils must maintain a constant value regardless of the frequency and existence of other coils. However, as the distance between the farthest coils decreases, the measured coupling coefficients deviate from that of the two coils without a middle coil. The deviation increases further as the frequency increases and the inductance of the middle coil increases. Figure 6 shows the results measured by Method I using Keysight's four-port VNA, E5071C, for Cases #1, #2, and only two coils without a middle coil. Ideally, the coupling coefficient between two coils must maintain a constant value regardless of the frequency and existence of other coils. However, as the distance between the farthest coils decreases, the measured coupling coefficients deviate from that of the two coils without a middle coil. The deviation increases further as the frequency increases and the inductance of the middle coil increases. 
Changing Coupling Coefficient between Coils
Comparison Results and Discussion
The coupling coefficients measured by the conventional and proposed methods with respect to the distance between the farthest coils are shown in Figure 7 . We can notice that the proposed method produces almost the same results as the conventional methods. For a more accurate comparison, we calculated the mean and standard deviation of difference between the results of Method I and the proposed method, and the statistical results are summarized in Table 2 . It is confirmed that both the mean and standard deviation are less than 0.001. This means that the proposed method provides precise and repeatable coupling coefficients among multiple coils.
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(a) (b) Figure 7 . Measured coupling coefficients of three coils as a function of distance using the conventional and proposed methods at 6.78 and 13.56 MHz: (a) Case #1 and (b) Case #2. Figure 8 shows the reactance of transfer impedances measured by the conventional and proposed methods with respect to the frequency at the distance of 8 cm and 16 cm between the farthest coils. In spite of the simple measurement procedure, the proposed method provides accurate results that are similar to those of the conventional methods. That is, the proposed method can be used to measure the transfer impedance, as well as the coupling coefficient. Because the transfer impedance is ideally represented by Zij = jωMij, the transfer impedance should be proportional to the frequency. However, in reality, the transfer impedance is not linear for the frequency because of the effect of the parasitic components of the coil. These effects become stronger in Case #2 than Case #1 and at higher frequency than at lower frequency. Figure 8 shows the reactance of transfer impedances measured by the conventional and proposed methods with respect to the frequency at the distance of 8 cm and 16 cm between the farthest coils. In spite of the simple measurement procedure, the proposed method provides accurate results that are similar to those of the conventional methods. That is, the proposed method can be used to measure the transfer impedance, as well as the coupling coefficient. proposed method, and the statistical results are summarized in Table 2 . It is confirmed that both the mean and standard deviation are less than 0.001. This means that the proposed method provides precise and repeatable coupling coefficients among multiple coils.
(a) (b) Figure 7 . Measured coupling coefficients of three coils as a function of distance using the conventional and proposed methods at 6.78 and 13.56 MHz: (a) Case #1 and (b) Case #2. Figure 8 shows the reactance of transfer impedances measured by the conventional and proposed methods with respect to the frequency at the distance of 8 cm and 16 cm between the farthest coils. In spite of the simple measurement procedure, the proposed method provides accurate results that are similar to those of the conventional methods. That is, the proposed method can be used to measure the transfer impedance, as well as the coupling coefficient. Because the transfer impedance is ideally represented by Zij = jωMij, the transfer impedance should be proportional to the frequency. However, in reality, the transfer impedance is not linear for the frequency because of the effect of the parasitic components of the coil. These effects become stronger in Case #2 than Case #1 and at higher frequency than at lower frequency. Because the transfer impedance is ideally represented by Z ij = jωM ij , the transfer impedance should be proportional to the frequency. However, in reality, the transfer impedance is not linear for the frequency because of the effect of the parasitic components of the coil. These effects become stronger in Case #2 than Case #1 and at higher frequency than at lower frequency.
To validate the accuracy of the proposed procedure, the measured Z parameters were converted into the S parameters and they were compared with the results obtained from Methods I and II. First, in order to obtain a 3 × 3 [S] matrix from the proposed measurement method, a set of two coils was connected to a two-port VNA, and a 2 × Figure 9a ,b shows the S 13 from Methods I and II, and converted from the proposed method in a range from 1 to 15 MHz on the Smith chart and rectangular plot, respectively. S 13 is the transmission coefficient from port 3 to port 1 when all other coils are terminated in matched load of 50 ohms. However, in reality, the coils of a WPT systems are not terminated with 50 ohms, and then S 13 has no special physical meaning. Neverthless, the [S] matrix converted from the [Z] matrix obtained by the proposed method is in good agreement with the [S] matrix obtained by the conventional methods in the frequency range from the LF to HF band. This means that the proposed method provides accurate measurement results. To validate the accuracy of the proposed procedure, the measured Z parameters were converted into the S parameters and they were compared with the results obtained from Methods I and II. First, in order to obtain a 3 × 3 [S] matrix from the proposed measurement method, a set of two coils was connected to a two-port VNA, and a 2 × 2 [Z] matrix was measured with the other coils open-circuited. For the other set of coils, 2 × 2 [Z] matrices were measured, and a 3 × 3 [Z] matrix was constructed by combining three 2 × 2 [Z] matrices. Finally, a 3 × 3 [S] matrix was obtained from a 3 × 3 [Z] matrix by applying conversion equations. Figure 9a ,b shows the S13 from Methods I and II, and converted from the proposed method in a range from 1 to 15 MHz on the Smith chart and rectangular plot, respectively. S13 is the transmission coefficient from port 3 to port 1 when all other coils are terminated in matched load of 50 ohms. However, in reality, the coils of a WPT systems are not terminated with 50 ohms, and then S13 has no special physical meaning. Neverthless, the [S] matrix converted from the [Z] matrix obtained by the proposed method is in good agreement with the [S] matrix obtained by the conventional methods in the frequency range from the LF to HF band. This means that the proposed method provides accurate measurement results. In the proposed method, the critical assumption is that unconnected coils with a two-port network analyzer must be perfectly open-terminated. In the measurement, we realized the open condition by un-connecting anything from the coil's SMA connector. This method does not fully satisfy the assumption for wide frequency band or high frequency due to the parasitic capacitance of the SMA connector, whereas the un-connecting method can be still powerful at a low frequency, including LF and HF bands used in most WPT systems. In the proposed method, the critical assumption is that unconnected coils with a two-port network analyzer must be perfectly open-terminated. In the measurement, we realized the open condition by un-connecting anything from the coil's SMA connector. This method does not fully satisfy the assumption for wide frequency band or high frequency due to the parasitic capacitance of the SMA connector, whereas the un-connecting method can be still powerful at a low frequency, including LF and HF bands used in most WPT systems.
In order to investigate the effect of non-perfect open, we applied the proposed method to the measurement of the transfer impedance of three coils with open-termination and without any termination. The used open termination is the OPEN part of the Keysight's 85052C, of which the error is less than ±0.65 • for DC to 3 GHz. Figure 10 shows the normalized coupling coefficients with respect to frequencies that were obtained from the measured transfer impedance using Equation (2) and normalized to the maximum coupling coefficient for comparison of the effect of the open termination. The difference between the coupling coefficients of the two cases is within approximately 5%, except for around 20 MHz and 50 MHz, which are the self-resonant frequencies of the coils of 3.8 µH and 1.1 µH, respectively. In other words, this means that the proposed method provides reliable results without ideal open termination, but must not be used near the SRF of the coils. Since it is common to operate WPT systems at a lower frequency than the SRFs of coils, the proposed method can be effectively applied to measure the coupling coefficient or mutual inductance between the coils used in WPT systems.
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Conclusions
In this paper, a coupling coefficient measurement method with a simple procedure was proposed to overcome the inconvenience and limitation of conventional measurement methods of coupling coefficients among coils in multi-coil WPT systems. To verify the potential of the proposed measurement method, a comparative analysis was performed by graph and mean and standard deviation values with the conventional measurement methods with respect to distance. As a result, the proposed method was demonstrated to achieve competitive performance with good accuracy. If the proposed method is applied to the magnetic beamforming of a multi-coil WPT systems, it can be a very powerful alternative to obtain prompt results. 
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